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Abstract

A self-excited two-phase reluctance generator (SETPRG) with balanced stator
winding is presented. A unique balanced two-phase stator winding was designed
with emphasis on obtaining a stator MMF waveform with minimum space har-
monics. Then a mathematical model by which the dynamic behavior of the gener-
ator can be successfully predicted under various operating conditions is developed.
The model developed accommodates balanced and unbalanced loading conditions.
Self-excitation is achieved via capacitors connected across the two terminals of
the stator windings. The performance of the generator under various loading
conditions is studied. It is realized that the generator can simultaneously supply
good voltage through its terminals, in both balanced and unbalanced load conditions
within its rating. It is also observed to have a good voltage regulation. Further-
more, it was determined that the generator can accept a sudden addition of load
without any transients in its output variables. However, slight transient behavior
is noticed in the output variables when the generator loses load. These transients
increases with increasing load power factor. The presence of these transients will
not jeopardize performance as the magnitude is indeed small, nor does it pose a
threat to the connected load for the same reason. The generator is also capable of
re-building up its voltage after a short circuit fault is cleared.
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1. Introduction

Electrical energy has become so important
that any people with insufficient power avail-
able for use are classified as under-developed
world. It is also a reflection of the GDP and
poverty level of any particular people across
the globe. Sadly, the grid power has often be-
come inadequate, or not available in several
areas, especially in remote locations. More-
over, conventional means of providing isolated
power schemes is through the use of fossil fuel
engines employing alternators. Not only are

these expensive and beyond the reach of the
ordinary remote dwellers, it has also raised
concerns on depleting fossil fuels and envi-
ronmental pollution. As emphasis on non-
conventional energy systems and autonomous
power generation increases, a considerable in-
terest has recently been devoted to the devel-
opment of improved and appropriate generat-
ing systems. This has led to rigorous research
on suitable electromechanical energy conver-
sion devices in such power generating schemes
[2-10].
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The three-phase self-excited induction and
reluctance machines using terminal capacitors
for self excitation have received a considerable
interest from researchers [2-7]. Such type of
generators are attractive because of their sim-
plicity in construction, robustness, absence of
current collection brushes, low cost and near
maintenance-free operation. Moreover, the
three-phase induction and reluctance gener-
ators are used when high power ratings are
required, whereas for small portable power
sources for remote areas, single phase field-
excited generators are employed. Some at-
tention has been given to the development of
self-excited single phase induction generators
[8-12]. However, power supply from induc-
tion generators suffers from changes in fre-
quency and voltage, which vary with load cur-
rent. The perfection of these inherent inabili-
ties requires additional complex schemes that
would add to the cost of the machines [12].
The self-excited reluctance machine has also
been researched [13-17]. However, no work
has been done on the development of the two-
phase reluctance generator. By two-phase, it
is implied that the machine can supply sin-
gle phase loads from the two stator termi-
nals with a phase difference of 900. Hence
the present work focuses on the modeling and
performance analysis of the self-excited two-
phase reluctance generator, using shunt ca-
pacitors on the stator terminals for excitation.
The two-phase reluctance generator studied
in this work has a balanced two-phase two-
pole stator winding, across which RL loads
can be connected. It has unsymmetrical ro-
tor (that is, saliency in the rotor), and uni-
form poles. The rotor is equipped with only
short-circuited windings called damper wind-
ings. In this work, computer simulation of the
developed model of the generator is done in
the MATLAB/SIMULINK environment [18]
and closely studied for different loading con-
ditions. The results of these simulations are
then analyzed.

�

Figure 1: Machine stator winding clock diagram.

2. Stator Winding and Inductances

2.1. Winding design

Of the several types of stator windings in
use, the integral-slot, chorded, double layer
winding is developed for this work. The clock
diagram is presented in Figure 1. The follow-
ing properties will be observed: Number of
slots = 24; Phase spread = 150 ; Pole-pitch =
12 slots per pole; Coil pitch = 7 slots average;
Slot angular pitch = 15 ; Phase shift = 90 ;
Phase belt = 10 slot pitch pitches. The num-
ber of conductors per slot is 18, and the slots
carry equal number of conductors.

2.2. Winding function

Owing to the sinusoidal nature of the wind-
ings obtained in Figure 1, the winding func-
tion (WF) methodology developed in [21] is
adopted for inductance calculation. The fun-
damental components of the winding func-
tions for the two stator windings are:

Nas = Np cos(φs)

Nbs = Np sin(φs) (1)
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Figure 2: Plot of the winding function, its fun-
damental component and harmonic spectrum.
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Figure 3: The inverse airgap functions.

2.3. Air gap function

The saliency of the rotor is considered in de-
termining the air gap function. This is given
as:

g−1(φs, θr) = α1 + α2 cos 2(φs, θr) (2)

where:

(3)

(4)

and g1 is the minimum air gap length, g2 is
maximum air gap length and β is the pole
arc/pole pitch ratio.

Substituting the parameters values of the
Appendix into (2), the inverse air gap function
will be obtained as:

g−1(φs) = 1373.3 + 1977.8 cos 2(φs − θr) (5)

2.4. The magnetizing inductance
(without saturation effect)

The WF formula for calculating inductance
Lxy between two windings x and y is:

Lxy = µorl

∫ 2π

0

Nx(φs)Ny(φs)g
−1(φs, θr)dφs

(6)
Noting that the air gap length is now a func-
tion of (φs, θr), and substituting (1) and (2)
into (6) we obtain the magnetizing induc-
tances on the a− and b− phases as:

Lasas = µorlπC
2
1

(

α1 −
α2

2
cos 2θr

)

(7)

Lbsbs = µorlπC
2
1

(

α1 −
α2

2
cos 2θr

)

(8)

Lasbs = µorlπC1C1

α2

2
sin 2θr (9)

It is clear that reciprocity holds since the or-
der of the two winding functions can be in-
terchanged. Hence, Lasbs = Lbsas Using the
parameter values of the Appendix the induc-
tance values were computed for the fundamen-
tal value of the winding function and shown
in Figure 4. If the leakage inductances are
included in the phases, the self inductances
become:

Las = Lls + Lasas (10)

and

Lbs = Lls + Lbsbs (11)

3. Machine Model

Figure 5 shows the schematic connection di-
agram for the system under study. A more
detailed analysis is presented in [1]. The fol-
lowing assumptions are made in the model de-
velopment:
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�Figure 4: The variation of stator inductances with θr.

 All the machine parameters, except the
d-axis magnetizing inductance are as-
sumed to be constant. Only the d-axis
magnetizing inductance is assumed to be
affected by saturation.

 A residual magnetism of 0.005 Teslas ex-
ists on the rotor d-axis.

 The core loss in the machine is ignored.

 The MMF space harmonics and the time
harmonics in the induced voltage and
current waveforms are ignored.

 The d − q axis reference frame is fixed
in the rotor, which rotates at a constant
speed of ωr.

 The generator is driven by a constant
speed motor at 3000rpm.

With the rotor variables referred to the sta-
tor, the voltage equations become:

Vas = −rsias + pλas

Vbs = −rsibs + pλbs

V̇kd = −ṙkdi̇kd + pλ̇kd (12)

V̇kq = −ṙkq i̇kq + pλ̇kq
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Figure 5: The general schematic diagram of the
SETPRG. The damper windings were excluded
in this diagram for simplicity.
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The negative sign of the stator currents indi-
cates that they flow out of the stator termi-
nals. The flux linkages are described by the
following equations:

[

λabs

λ̇kdkq

]

=

[

Ls L̇sr

(L̇sr)
T L̇kdkq

] [

−iabs
i̇kdkq

]

(13)
where

Ls =

[

Lasas Lasbs

Lasbs Lbsbs

]

Lsr =

[

Laskd Laskq

Lbskd Lbskq

]

(14)

Lkdkq =

[

Lkd 0
0 Lkq

]

Lkd = Llkd + Lmd (15)

Lkq = Llkq + Lmq

[λabs] =

[

λas

λbs

]

,

[

λ̇kdkq

]

=

[

λ̇kd

λ̇kq

]

, (16)

[iabs] =

[

ias
ibs

]

,

[

i̇kdkq
]

=

[

i̇kd
i̇kq

]

The a− and b− phase stator currents are
given by:

ias = ila + pQa

ibs = ilb + pQb (17)

where Qa and Qb are the charges on the ca-
pacitors on the a- and b-phases, given by:

[

Qa

Qb

]

=

[

Csha 0
0 Cshb

] [

Vas

Vbs

]

(18)

Csha and Cshb are the capacitances of the
shunt capacitors used in a− and b−phases re-
spectively. To simplify the analysis process,
the time varying inductances associated with

(7) - (12) are eliminated via a change of vari-
ables, in this case, from the stationary two-
phase machine variables to the d− q variables
of a reference frame fixed in the rotor.
The rotor of a salient-pole synchronous ma-

chine is magnetically unsymmetrical. The ro-
tor variables are displaced from each other by
an angle of 90 , along the d− and q−axes.
Hence a change of variables for the rotor vari-
ables will offer no advantage. However, it will
be very beneficial for the stator variables [20].
The transformation is defined by:

[

Fd

Fq

]

= K2s

[

Fas

Fbs

]

(19)

where F represents any variable such as
voltage, current, flux linkages, or electric
charge. The d− q, rather than the usual d− q

transformation matrix is used. Along with its
inverse (k2s)

−1 it is given by:

K2s =

[

sin θr − cos θr
cos θr sin θr

]

and

(K2s)
−1 =

[

sin θr cos θr
− cos θr sin θr

]

(20)

Also,

Fdq =

[

Fd

Fq

]

(21)

Applying (20) to the stator equation in (12),
the voltage equations become:

Vds = −rsids − ωrλqs + pλds

Vqs = −rsiqs − ωrλds + pλqs (22)

V̇kd = ṙdk i̇k + pλ̇kd

V̇kq = ṙkq i̇kq + pλ̇kq (23)

Note that that the rotor voltages are not af-
fected.
Also, the transformed flux linkages are ob-

tained as:

[

λds

λqs

λ̇kd

λ̇kq

]

=

[

Lls + Lmd 0 Lmd 0

0 Lls + Lmd 0 Lmd

Lmd 0 Llkd + Lmd 0

0 Lmq 0 Llkq + Lmq

]

(24)
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The d− and q−axes currents can be obtained
by a simultaneous solution of (24). The trans-
formed currents and charges of (18) become:

pQds = ωrQqs − idl + ids (25)

pQqs = ωrQds − iql + iqs (26)

If Sa and Sb are defined by:
[

Sa

Sb

]

=

[

Lal

Ral
0

0 Lbl

Rbl

]

[

ial
ibl

]

(27)

The load currents will be given by:
[

ial
ibl

]

=

[

1
Ral

0

0 1
Rbl

] [

Vas

Vbs

]

− p

[

Sa

Sb

]

(28)
Applying (20) to (28) will give a resultant
equation of:

pSds = ωrSqs + idd − ild

pSqs = ωrSds + iqq − ilq (29)

where,

iqq = (t1 − t2 cos 2θr)Vds − (t2 sin 2θr)Vqs

idd = (t2 sin 2θr)Vds − (t1 − t2 cos 2θr)Vqs

(30)
[

Sds

Sqs

]

=
[

L1 − L2 cos 2θr L2 sin 2θr
L2 sin 2θr L1 + L2 cos 2θr

] [

idl
iql

]

(31)
where,

t1 =
1

2

(

1

Ral

+
1

Rbl

)

t2 =
1

2

(

1

Ral

−

1

Rbl

)

(32)

L1 =
1

2

(

Lal

Ral

+
Lbl

Rbl

)

L1 =
1

2

(

Lal

Ral

−

Lbl

Rbl

)

(33)

The dependence of (30) and (31) on θr is to
allow for the assessment of unbalanced loading
effects. It is easy to see that if Ral = Rbl then
t1 = L2 and hence the dependence on θr will
vanish.
The complex power developed is given by:

S = (Vds + jVqs)(ids − jiqs) (34)

Hence, the performance of the machine for dif-
ferent loading conditions can be analyzed.

4. Results and discussion

The machine was simulated on the
MATLAB/SIMULINK environment. Self-
excitation was achieved using excitation
capacitance of 117.1µF on both stator
windings. The principle underlying the
self-excitation of the machine is a well known
phenomenon, dependent on the existence
of remnant flux and magnetic saturation
similar to that of the induction generators.
The frequency, f , of the generated voltage is
determined by:

f =
NrP

120
(35)

where, Nr and P are the rotor speed and num-
ber of poles respectively. This frequency is
determined to be 50Hz, and was found to cor-
respond with that of the generated voltage.

4.1. Build-up characteristics

The build-up characteristics of the machine
at no-load is shown in Figure 6. It is observed
that the terminal voltage is 218.5V at a
frequency of 50Hz. Also, the no-load current
is almost zero, as all of the stator current
passes through the excitation capacitors at
no-load.

4.2. Load characteristics

The load characteristics here is deduced by
loading the generator gradually from no-load
to full load until it reaches pull-out. For a
particular fixed power factor loading, only the
value of the load resistance is adjusted, and
the corresponding load inductance needed for
that particular load power factor are calcu-
lated according to the equation:

Ll =
Rl

ωl

√

√

√

√

(

(

1

cos θ

)2

− 1

)

(36)

The results obtained are shown in Figure 7
where it is observed that the higher the power
factor, the more power the generator is able to
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Figure 6: Build-up characteristics of the SETPRG under no-load.
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Figure 7: Load characteristics of the SETPRG

deliver at a particular voltage. Generally, for
a given voltage, the load current is more with
increasing load power factor. This can provide
information for loading the generator.

4.3. Transient loading and loss of load
performance

To determine the transient loading and loss
of load behavior of the generator at different
power factor conditions, the object of observa-
tion is the envelope of the terminal wave form.
First the generator builds up a voltage at no-
load at its terminals when suddenly a load is
added at a time t = 5.0 sec for 2 seconds. The
responses are shown in Figure 8.
Transients are observed at the load voltages

only at the loss of load, which increases with
increasing load power factor. The absence of

transients in the load currents, both at the ad-
dition and removal of load is equally observed.

4.4. Short-circuit at terminals of sta-
tor winding

The generator terminals were suddenly
shorted from an open circuit condition, for a
period of 0.1 seconds, and then the short cir-
cuit condition was cleared. The short-circuit
was performed with a load resistance of 70Ω
at a power factor of 0.99 lagging. This char-
acteristic is represented in Figure 9. It is ob-
served that the machine is able to build up
voltage again after a complete voltage col-
lapse. The terminal voltages are represented
by both their sinusoidal forms and their upper
envelopes, for clarity.

4.4.1. Unbalanced loading of the terminals

This was considered for different power fac-
tor conditions, at a constant load resistance of
70Ω. First, the load is suddenly applied on the
a-phase at time t = 5s for 2 seconds, keeping
the b-phase open all the while. Afterwards,
the condition was reversed for the two wind-
ings. The load voltage and current response
to these conditions is represented in Figure 10,
considering again, the upper envelopes. It is
observed that the presence of transients only
occur at the loss of load, with degrees increas-
ing with the power factor value. The load cur-
rent of the phase with more load rises to a
significant value, while the other phase load
current is less than 2mA, approximately zero.
The transient observed in the load current of
the unloaded phase is only for the 0.99 power
factor, the rest has no transients. These are
shown in Figure 11.

5. Conclusion

Energy transferred across the air gap of a
magnetically coupled electromagnetic system
is given by:

Wf =

∫ n
∑

j=1

ijdλj (37)
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Figure 8: Sudden addition and loss of load of the SETPRG; (a) and (b) are the upper envelopes of
the a− and b−phase load voltages, (c) and (d) upper envelopes of the a− and b−phase load currents,
respectively.
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Figure 9: Re-building up process after removing a short circuit fault: (a) a-phase Load voltage (sinu-
soidal), (b) a-phase Load voltage (upper envelope), (c) b-phase Load voltage (sinusoidal), (d) b-phase
Load voltage (upper envelope).
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Figure 10: Unbalanced loading effects (a) a-phase load voltage, (b) b-phase load voltage, (c) a-phase
load current, (d) b-phase load current.

This shows a dependence on the flux linkage
λ [21], which in turn depends on the wind-
ing function. Winding function depends on
the turns function (which represents the num-
ber of turns of a particular winding). A bal-
anced stator winding is involved in the SET-
PRG discussed in this work. Unlike the un-
balanced system used by all single phase sys-
tems, it is seen that this presents a better
utilization of the stator core and slots. Bal-
anced stator windings will take more copper
than unbalanced stator windings, which will
interact with the magnetic flux in the air gap
to transfer more power across it. Finally the
Self-Excited Two-Phase Reluctance Genera-
tor when fully developed could be preferred
to the Self-Excited Single-Phase Reluctance
Generator of the same size for higher power
capability, loss of load behavior, and robust-
ness.
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Appendix

1. Stator Parameters.

g1 = 0.0003; g2 = 50 ∗ g1; = 0.6; 0 = 410− 7;

mean radius of the air gap, r = 0.075m;

axial length of the air gap, l = 0.06m.

2. Machine Parameters.

rs = 1.50; rkd = 2.25; rkq = 2.30; Lmq = 0.0213;
Unsaturated value of Lmd = 0.1309;
Lls = 0.0099; Llkd = 0.0010; Llkq = 0.0010;
Csha = Cshb = 117.1µF ; ωr = 314.1593rad/sec.
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